Abstract. The aim of this paper is to introduce and study two new classes of spaces, called semi-g-regular and semi-g-normal spaces. Semi-g-regularity and semi-g-normality are separation properties obtained by utilizing semi-generalized closed sets. Recall that a subset A of a topological space (X, r) is called semi-generalized closed, briefly sg-closed, if the semi-closure of A C X is a subset of U C X whenever A is a subset of U and U is semi-open in (X,r).
Introduction and preliminaries
In 1970, Levine [15] introduced a new and significant notion in General Topology, namely the notion of a generalized closed set. A subset A of a topological space (X,r) is called generalized closed, briefly g-closed, if cl(A) C U whenever A C U and U is open in (X,r). This notion has been studied extensively in recent years by many topologists. The investigation of generalized closed sets has led to several new and interesting concepts, e.g. new covering properties and new separation axioms weaker than T\. Some of these separation axioms have been found to be useful in computer science and digital topology. As an example, the well-known digital line is a T3/4 space but fails to be a T\ space (see e.g. [7] ). In 1987, Gangulay et al. [11] generalized the usual notions of regularity and normality by replacing "closed set" with "g-closed set" in the definitions, thus obtaining the notions of g-regularity and g-normality.
The aim of our paper is to introduce and investigate the notions of semig-regularity and semi-g-normality. We shall do so by utilizing the concept of a semi-generalized closed set. It is obvious that every semi-closed set is sg-closed. Spaces in which every sg-closed set is semi-closed have been called semi-Ti/2 [2] , One can easily show that a space (X, r) is semi-T^ if and only if every singleton is either semi-open or semi-closed. Recall also that a space (X, r) is said to be semi-Ti if distinct points can be separated by disjoint semi-open sets.
In [13] , Jankovic and Reilly pointed out that every singleton {a;} of a space (X, r) is either nowhere dense or preopen. This yields a decomposition X = X\ U X2, where X\ = {x £ X : {2} is nowhere dense} and X2 -{x G X : {x} is preopen}. The usefulness of this decomposition, which we call the Jankovic-Reilly decomposition, is illustrated by the following result.
LEMMA 1.1 [8]. A subset A of a space (X,T) is sg-closed if and only if Xi
The following result has been proved by Garg and Sivaraj [12] . DEFINITION 4 . A topological space (X, r) is said to be semi-g-regular if for each sg-closed set A and each point x £ A, there exist disjoint semi-open sets U, V C X such that A C U and x e V.
LEMMA 1.2. A function f : (X,T) -> (Y,A) is pre-semi-closed if and only if scl(f(A)) C f(scl(A)) for every subset AC X.

Semi-g-regular spaces
LEMMA 2.1. A space (X,t) is semi-g-regular if and only if (X,r) is semiregular and semi-Ti/2-
The converse is obvious.
•
We will now show that there exist semi-regular spaces which are not semi-g-regular. Recall that a space (X, r) is said to be locally indiscrete if every open subset is closed. It is well known that (X, r) is locally indiscrete if and only if every subset of X is preopen. If (X, r) is locally indiscrete, then every semi-closed set is closed and thus clopen, and, by Lemma 1.1, every subset of X is sg-closed. Observe that the space in Example 2.2 is neither sg-To nor (s,sg)-i2o-Also note that every semi-T2 space is semi-T^, and every semi-T^ space is sg-To. Recall that a space (X, r) is said to be semi-symmetric [3] if for any two points x,y € X, if x 6 scl({y}) then y G scl({x}). Caldas [3] has shown that a space (X,T) is semi-symmetric if and only if {x} is sg-closed for every xeX. As a consequence we have the following result. THEOREM 
(i) Every semi-normal, semi-symmetric topological space (X, T) is semi-regular.
(ii) Every semi-g-normal, semi-symmetric topological space (X, r) is semi-g-regular.
Proof, (i) Suppose that A C X is semi-closed and x A. Then {x} is sgclosed. By Remark 3.2, A and {x} can be separated by disjoint semi-open sets.
(ii) is obvious.
• X,T) is sg-closed in (Y, A) . 
